The inclusive production cross sections for W + , W − and Z 0 -bosons form important benchmarks for the physics at hadron colliders. We perform a detailed comparison of the predictions for these standard candles based on recent next-to-next-to-leading order (NNLO) parton parameterizations and new analyses including the combined HERA data, compare to all available experimental results, and discuss the predictions for present and upcoming RHIC, SPS, Tevatron and LHC energies. The rates for gauge boson production at the LHC can be rather confidently predicted with an accuracy of better than about 10% at NNLO. We also present detailed NNLO predictions for the Higgs boson production cross sections for Tevatron and LHC energies (1.96, 7, 8, 14 TeV), and propose a possible method to monitor the gluon distribution experimentally in the kinematic region close to the mass range expected for the Higgs boson. The production cross sections of the Higgs boson at the LHC are presently predicted with an accuracy of about 10-17%. The inclusion of the NNLO contributions is mandatory for achieving such accuracies since the total uncertainties are substantially larger at NLO.
1 Introduction. The inclusive production cross sections of the weak gauge bosons W ± , Z 0 and of the Higgs particle H 0 form important reference points for the physics at hadron colliders. Within QCD the corresponding cross sections have been calculated to NNLO [1, 2] . 2 This level of accuracy is necessary to control the renormalization and factorization scale uncertainties of the parton distribution functions (pdfs), which are still of significant size at next-to-leading order (NLO). The rapidly growing luminosity at the Large Hadron Collider, LHC, allows a precise measurement of these quantities [6, 7] , which reaches the accuracy of the NNLO predictions, based on the world deep-inelastic, Drell-Yan and di-muon data, and part of the Tevatron data [8] [9] [10] [11] [12] [13] . These analyses also require a correct treatment of the heavy flavor contributions, cf. [14] , which yield sizeable effects.
In this note we provide NNLO predictions for the inclusive weak boson and Standard Model Higgs-boson production cross sections, and compare to the available experimental data [6, 7, [15] [16] [17] [18] [19] [20] . For present and upcoming experimental analyses we also provide detailed reference tables, and comment on the well-known NLO predictions, cf. [21] . These are, however, far less precise due to their inherent large renormalization and factorization scale uncertainties [22, 23] .
The effect of the new combined HERA data on the inclusive NNLO W ± , Z 0 and H 0 boson cross sections [24] is shown by comparing the results for the recent ABM10 [8] and ABKM09 [9] distributions. It leads to significant shifts of the total rate of about 1σ in the pdf-error for a wide range of collider energies and processes. We consider all collider energies having been probed so far, compare to all measurements, and give predictions for the high energy options at the LHC. In this way a wide kinematic region in Bjorken x is probed for the corresponding parton luminosities which may help to delineate remaining differences in the current NNLO pdfs and to devise a way of potential further improvements.
W
± and Z 0 Boson Production. The inclusive W ± and Z 0 boson production cross sections in pp and pp scattering are known to 2nd order (NNLO) in the strong coupling constant [1] , supplemented by the 1st order (NLO) electroweak corrections, cf. [3] . In the following comparison we will concentrate on the QCD corrections only. The electroweak parameters are calculated choosing the scheme based on (G F , M W , M Z ) [25] with G F = 1.16637 × 10 −5 GeV −2 , M W = 80.399 ± 0.023 GeV, M Z = 91.1876 ± 0.0021 GeV, and the weak mixing angle as dependent quantity, withŝ 
andρ = 1.01047 ± 0.00015. Furthermore, the width of the W ± and Z 0 bosons are Γ(W ± ) = 2.085±0.042 GeV, Γ(Z 0 ) = 2.4952±0.0023 GeV, and sin 2 θ c = 0.051, with θ c the Cabibbo angle. We compute the inclusive production cross sections at various collider energies for the recent NNLO parton distributions, ABM10 [8] , ABKM09 [9] , JR [10] , MSTW08 [11] , and HERAPDF [12] . In the latter case we refer to the fit where a value of α s (M 2 Z ) = 0.1145 has been assumed at NNLO, which resulted in the lowest value for χ 2 min among other choices.
3
In Table 1 we summarize the cross sections for the different pp collision energies at the SPS and the Tevatron at NNLO for the distributions [8] [9] [10] [11] [12] . For one of the parameterizations, JR, we compare also to the NLO QCD corrections. The relative differences between the NLO and NNLO corrections are of comparable size for all other pdf sets. We also list the corresponding NNLO values of α s (M 2 Z ) and their errors as determined, or partly being assumed, in the various analyses, which in most cases turn out to be similar. We note that the corresponding α s values at NLO, despite differences in the central values, necessarily all agree within the rather large theory errors due to factorization and renormalization scale uncertainties of at least ±0.005, cf. [22, 23] . This also applies to other NLO analyses [26, 27] . Table 1 : NNLO predictions for the production cross sections σ(pp → V + X) [nb], with V = W ± , Z 0 .
The abbreviation W ± refers to the sum W + + W − . Notice that for pp collisions the W + and W − cross sections are equal. The errors refer to the ±1σ pdf uncertainties. The NNLO values of α s refer to α s = α s (M 2 Z ). To allow for a comparison with the corrections up to NLO the corresponding cross sections for the JR distributions are also listed as an example in parentheses [28] .
The NNLO corrections furthermore enhance the cross sections at all center-of-mass (cms) energies both for W ± and Z 0 boson production. The importance of full NNLO analyses becomes evident when comparing the NLO and NNLO predictions in Tables 1 and 2 . At the Tevatron (1.96 TeV), for example, ∆σ
.930, +0.976 and +0.825 nb for ABM10, JR and MSTW08, respectively. Similarly for LHC (7 TeV) one obtains ∆σ W ± = +1.05, +2.36 and +2.46 nb for ABM10, JR and MSTW08, respectively. This corresponds at the Tevatron to a difference of more than 3σ w.r.t. the pdf-errors, and to more than 1σ at LHC. Furthermore, at NNLO the parton distributions are much more stable against renormalization and factorization scale uncertainties than at NLO : the scale variations of the full NNLO predictions in Table 1 amount to less than 0.5 % (i.e., are about half as large as the stated 1σ pdf uncertainties) which is about four times smaller than at NLO [10, 28] ; at LHC energies the scale uncertainties of the NNLO predictions in Table 2 amount to less than 2 % of the total predicted rates which is about half as large as the stated 1σ pdf uncertainties and the scale uncertainties at NLO [10, 28] .
Thus far, the combined H1 and ZEUS data [24] have been taken into account in the ABM10 [8] and HERAPDF [12] analyses only, and their relative effect can be seen by comparing the numbers for the ABM10 and ABKM09 distributions at NNLO. While for the lower collider energies 2-3.5% lower cross sections are obtained, about 2.5 % larger cross sections result for the Tevatron energies of 1.8 and 1.96 TeV. With respect to the current pdf-errors this effect amounts to 2σ. 
The abbreviation W ± denotes the sum W + + W − . The errors refer to the ±1σ pdf uncertainties. To allow for a comparison with the corrections up to NLO we also listed the corresponding cross sections for the JR distributions as an example in parentheses [28] .
For illustration we compare in Figure 1 (a) the different predictions [8, [10] [11] [12] with each other and with the measured cross sections [15] [16] [17] [18] [19] [20] at fixed energies in the range √ S = 0.5 − 1.96 TeV, covering also the pp cross sections at RHIC, cf. Table 2 . A detailed summary of the various measurements is given in the Appendix. As can also be seen in Table 1 the results for Z 0 production predicted by the different parameterizations agree somewhat better than in the case of W ± production. The experimental errors at lower energies √ S < 0.63 TeV are rather large and the current NNLO predictions agree with experiment. For √ S = 0.63 TeV all NNLO analyses predict cross sections which are at the upper end of the measurements. At Tevatron energies the ABM10 and HERAPDF distributions yield about 5-7% larger W ± cross sections than those of JR and MSTW08. Moving to higher energies the JR distributions result in lower cross sections as compared to the ABM10 and HERAPDF distributions, which yield larger values at lower energies as well. Yet all predictions are in agreement with the current experimental results at the level of 1.5σ. [8] [9] [10] [11] [12] [13] and the corresponding experimental data [6, 7, [15] [16] [17] [18] [19] [20] . Left panel (a): the lower energy region corresponds to pp collisions, except at 0.5 TeV, which refers to pp scattering. For the latter case the predictions refer to (from above) W + + W − , W + , W − and the ones for Z 0 are given to the right of the ones for W − . Right panel (b): LHC energies (pp collisions); the inner error bars refer to (σ 2 stat + σ 2 syst ) 1/2 and the total error is obtained by adding the luminosity error in quadrature.
In Table 2 we list the NNLO predictions for the pp production cross sections for W + , W − bosons, their sum, as well as those for Z 0 bosons at RHIC and for different present or planned collider energies at the LHC. As before we supplement the NLO prediction for one set of distributions (JR) to allow for comparisons as an example. For the LHC energies the NNLO corrections lead to an enhancement of the cross sections w.r.t. NLO, while at RHIC energies the NNLO cross sections become smaller. At LHC energies the pattern of relative differences of the various predictions [8] [9] [10] [11] [12] [13] both for W ± and Z 0 boson production pertains over the whole energy range, see also Figure 1 (b). The cross sections grow empirically nearly linearly with √ S. The impact of the combined HERA data is less than at lower collider energies and leads in most cases only to a very slight enhancement of the cross sections, as a comparison of the values in Table 2 resulting from the ABM10 and ABKM09 distributions shows. The largest scattering cross sections are obtained for the ABM10 and HERAPDF distributions, followed by slightly lower values for MSTW08, and even somewhat lower cross sections are obtained for the JR distributions, with differences of up to 9%. Comparing to the first experimental measurements by CMS [6] and ATLAS [7] , all current predictions are compatible within the present experimental errors for all channels.
Due to the reduced scale uncertainty at NNLO and the slightly different NNLO estimates of the various groups, cf. Figures 1(a) and (b) , and Tables 1 and 2 , we conclude that the rates for gauge boson production at LHC energies can be rather confidently predicted with an accuracy better than about 9%. These differences are due to the different light sea distributions (ū,d,s) obtained in the various analyses and require more detailed theoretical and experimental investigations in the future. and a large part of the cross section exhibits a quadratic dependence of the gluon density. As has been shown in Table 1 , the α s (M 2 Z ) values determined, resp. assumed [12] , are still different. Despite having reached an impressive accuracy of O(1%) in individual analyses of the world deep-inelastic data and related collider data, [8] [9] [10] 29, 31] 5 , and for a large number of other high energy processes and decay widths, cf. [33] , an overall agreement has not yet been reached. As well-known, the gluon density and the value of α s (M the correlation coefficients given in [9] . The values of α s (M 
Furthermore, there are also still significant differences in the gluon distributions of different analyses. The non-perturbative parton distributions at the initial scale Q 2 0 of the evolution are orthogonal in parameter space to Λ QCD , resp. α s (M 2 Z ), despite correlations. The evolution is therefore a direct mapping of the initial conditions and its strength is related to the value of α s (M 2 Z ). The larger this parameter is, the faster the evolution. In Figure 2 we compare the NNLO gluon distributions of ABMKM09, JR, HERAPDF, and MSTW08 at a scale Q 2 = 4 GeV 2 and Q 2 = (160 GeV) 2 , a typical mass scale for current Higgs boson searches, in the relevant x-range. Average values of Bjorken x ∼ 10 Figure 2 (b) correspond to the production region at Tevatron, while those at x ∼ 10 −2 (3 × 10 −2 ) are characteristic for the LHC at √ S = 14 (7) TeV. At Q 2 = 4 GeV 2 the gluon distributions of JR and MSTW08 agree rather well in the region x ∈ [10 −2 , 10 −1 ], while ABM10 and HERAPDF yield 20% and 10% larger values at x = 10 −2 . All distributions get close for x ∼ 10 −1 and for higher values the JR distributions becomes largest, followed by MSTW08 and HERAPDF. The evolution to µ 2 = (160 GeV) 2 diminishes the differences at x ∼ 10 −2 overall to about 5 %. All distributions cross around x ∼ 3 × 10 −2 , and at x ∼ 10 −1 the gluon distributions by JR (MSTW08) take 6 For other high energy measurements of α s (M Table 4 : NNLO predictions for the production cross sections σ(pp → H 0 + X) [pb] at LHC for √ S = 7 TeV. The errors refer to the ±1σ pdf uncertainties.
In Table 3 the predictions for the NNLO Higgs boson production cross section for pp annihilation at √ S = 1.96 TeV are compared for the distributions [8] [9] [10] [11] [12] 7 for the mass range 100 ≤ M H ≤ 200 GeV. Here the largest cross section differences are those between MSTW08 and ABKM09 which amount to +22% at M H = 100 GeV and the MSTW08 prediction is +39% higher than the one of ABM10 in the present exclusion region around M H = 160 GeV. This difference corresponds to 5.6σ in the pdf-error and is due to both the different gluon densities and α s values having been obtained in both analyses, as discussed above. The impact of the combined H1 and ZEUS data is seen by comparing the cross sections for ABM10 and ABKM09 : Larger cross sections are obtained at low masses M H ≤ 140 GeV, while for higher masses the cross sections become smaller than the ones by ABKM09. The cross sections predicted by JR and MSTW08 are compatible within 1σ and those of HERAPDF are about 1.5σ larger than those of ABM10. From the above discussion of the gluon distribution and the different values of α s (M 2 Z ) involved, these quantitative relations can be understood to a large extent. To establish firm exclusion bounds, cf.
[36], the observed variation in the predicted cross sections has to be taken into account as an uncertainty.
In Tables 4 and 5 we compare the different NNLO predictions for pp-scattering at the current LHC energy of 7 TeV and the anticipated one of 8 TeV for the next running period [37] for the mass range of 100 ≤ M H ≤ 300 GeV. A quite similar pattern is obtained for both cms energies.
M H (GeV) ABM10 [8] ABKM09 [9] JR [10] MSTW08 [11] 
At
√ S = 7 TeV the predictions of HERAPDF are lower than those of ABM10, while JR yields also smaller values for masses M H < 200 GeV and larger ones for higher Higgs masses. MSTW08 predicts higher cross sections than ABM10, with a tendency of a growing difference towards high masses. Overall the predictions are at variance of up to 3σ of the pdf-errors, which corresponds to maximal deviations of 11-14 %. In the relevant region the gluon densities agree better than 5 %, but there is still also the uncertainty in α s (M 2 Z ), see Eq. (2). At √ S = 8 TeV the differences amount to less than 3.5σ of the pdf-error, which corresponds to deviations of 11-16 %. In Table 6 we compare the NNLO predictions for √ S = 14 TeV for Higgs masses between 100 and 300 GeV. They differ between 10-14% and agree better for larger masses. These differences form theory errors, which have to be accounted for within feasibility studies, cf.
[38], and in searching for Higgs boson production at the LHC.
JR Table 6 : NNLO predictions for the production cross sections σ(pp → H 0 + X) [pb] at LHC for √ S = 14 TeV. The errors refer to the ±1σ pdf uncertainties.
In Figure 3 we illustrate the different predictions of ABM10, JR, HERAPDF, and MSTW08 for the inclusive Higgs production cross section at the LHC for the energies √ S = 7, 10 and 14 TeV. The cross sections rise roughly ∝ √ S. In this energy range ABM10 and MSTW08 predict nearly equal Higgs boson production cross sections, while those by JR and HERAPDF are found to be lower. For ABM10 and JR we include in the error also the scale variation uncertainty varying µ R = µ F in the range [M H /2, 2M H ] and added the pdf-errors in quadrature. It should be kept in mind that the scale variation errors are correlated when comparing the predictions for the different pdf sets. Although the various NNLO predictions differ w.r.t. the present pdf-errors, they are consistent within 1σ taking the scale variation errors into account. At NNLO these are still significant, which will require to account for even higher order corrections, despite the well-known fact that soft gluon resummation leads to improvements (see [2] and references therein). The typical scale uncertainty of each individual NNLO prediction amounts to about ±9% at 7 TeV and ±8% at 14 TeV which doubles at NLO [10, 39] . A measure for the uncertainty of the Higgs boson production cross sections is thus obtained adding in quadrature the largest difference of central values and the largest error, including scale variations, of one of the predictions, and dividing this result by the central value of the smallest prediction. Higgs boson production at LHC can be predicted with an accuracy of about 10-17 % at NNLO 8 (with a total uncertainty being almost twice as large at NLO), whereas the uncertainty almost doubles at the Tevatron ( √ S = 1.96 TeV). Furthermore, the NNLO predictions are typically about 20 % larger than at NLO.
We finally remark that a possible way to determine experimentally the gluon density in the mass region relevant for Higgs boson production consists in a precise measurement of the single top quark production cross section [40] [41] [42] for scales around µ ∼ m t . At present somewhat differing results for this process were obtained at Tevatron [43] , however, still with large errors, 
which differ by about 10%. The NLO scale variation errors according to m t /2 < µ F,R < 2m t amount up to 10% at Tevatron, are lower than 5 % at LHC [42] , and can be further improved at NNLO. The different values in (5) and (6) are caused partly by yet different gluon distributions in the region x ∼ 0.1, see Figure 2 , but at least to the same extent they are due to the different values of α s , cf. Table 1 . Precision measurements of the single top production cross sections at the LHC, although challenging, with an accuracy of 5% or better would allow to determine the gluon density in the same experiments which measure the production of the Higgs boson as well.
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Conclusions. The present analysis shows that the current NNLO analyses of the world deep-inelastic data, supplemented with other relevant hard scattering data to measure the parton distributions, yield still different results at the level of less than about 10 % for W ± and Z 0 boson production, and at the level of 10 − 17% for Higgs boson production at the LHC. (These uncertainties would almost double at NLO.) The present variations in the predictions based on [8] [9] [10] [11] [12] [13] are both due to the QCD-scale Λ QCD (or α s (M 2 Z )) and differences in the parton densties, as well as due to the renormalization and factorization scale uncertainties of the theoretical predictions. Future detailed work is needed to study and to further delineate these differences. The differences documented in this study form essential contributions to the theory error of the measurements of these scattering cross sections at the Tevatron and the LHC, which should therefore be compared to all the predictions based on the distributions ABM10 [8] , JR [10] , MSTW08 [11] , and HERAPDF [12] at NNLO.
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The cross sections for pp collisions measured by UA1, UA2 and D0 experiments are (averaging 9 Assuming unitarity for the CKM matrix would imply a far smaller error [25] . 10 We would like to thank S. Alioli for computing the reference values for single top production with POWEG [41] .
over the different channels measured by UA1 for Z 0 production) : The cross section measurement of CDF at √ S = 0.630 TeV has not been published [44] . At similar energies of √ S = 0.5 TeV the inclusive W ± boson cross sections were recently measured by the PHENIX experiment [17] in pp collisions at RHIC : −1 ), which will lead to a significant reduction of the statistical error and allow to improve the systematic errors.
To compare with the theoretical predictions one may use the current measured branching fractions [25] or their corresponding averages.
